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, , . $k$
$f\in\Lambda\prime f_{k}$ (SL2 $(\mathbb{Z})$ )
$f( \tau)=\sum_{t=0}^{\infty}a(t)e^{2\pi\sqrt{-1}t\tau}$
, , $a( O)=a(1)=\cdots=a([\frac{k}{1_{d}^{=})}])=0$ , $f=0$ .
, $[x]$ $x$ . $\uparrow$,$\phi\grave$-
$\hat$ae- $A\supset$
( , [4] 3 2 ):
$c_{n}$ , $\kappa$
$F(Z)= \sum_{h}A(h)e^{2\pi\sqrt{-1}tr(hZ)}\in\Lambda/f_{\kappa}(Sp_{\eta}(\mathbb{Z}))$
, tr $(h)<c_{n}\kappa$ $h$ $A(h)=0$
$lh^{\backslash }\grave,$ $F=0$
. ,
. C. Poor D. Yuen [7] .
$arrow$









$F(Z)= \sum_{h}\lrcorner 4(h)e^{2\pi\sqrt{-1}tr(hZ)}\in A\prime f_{\kappa}(\Gamma, \chi)$
$h\in S$ $A(h)=0$ $F=0$ .
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$A({}^{t}C_{\tau}hG)=\chi$ (diag $[G,{}^{t}G^{-1}]$ ) $(\det G)^{\kappa}\lrcorner 4(h)$
. , $S$ :






, $f$ $a(1)$ $p$ $n(p)$
, $f$ .
, ,
$\uparrow t$ 2 . ,
, ,
. $n=2$
S. Breulmann W. Kohnen [1] , [3]
.
1.3 (Breulmann-Kohnen, ). $n$ $h=(h_{ij})$ ,




. , $\epsilon$ ( )
$l\iota$ . $A(h)=B(h)$ , $F=G$ .
1.4. S. Breulmann W. Kohnen [1] , $L$
, [3]
.
, 2 , 1981





1.5 (Zagier). $F\in\Lambda^{J}f_{\kappa}(S_{I)}2(\mathbb{Z}))$ .
$F(Z)= \sum_{h}A(h)e^{2\pi\sqrt{-1}tr(hZ)}$ .
, $A(h)=0$ , $F=0$ .
16. , B. Heim[2] .
$m$ , $\omega(7n)$ $nl$ . $\kappa$ ,
$k=\max\{diin_{\mathbb{C}}S_{i\cdot+2[\frac{\kappa}{10}]-2}$ (SL2 ( $\mathbb{Z})$ ), dini
$\mathbb{C}S_{\kappa+2[\frac{\kappa}{10}]}$ (SL2 ( $\mathbb{Z})$ ) $\}$
, :
$T=\{(\begin{array}{ll}a bb c\end{array})|a$ $c$ , $\omega(a),$ $\omega(c)\leq k\}$
( $T$ 12(2) ). , $F\in S_{i}(Sp_{2}(\mathbb{Z}))$
$\in T$ $A(h)=0$ , $F=0$ .
15 ( 5 ! [10, 387 ] )
, , .
1.7 (Zagier). $F\in\Lambda f_{\kappa}(Sp_{2}(\mathbb{Z}))$ :
$F(Z)= \sum_{h}A(h)e^{2\pi\sqrt{-1}tr(hZ)}$ .
.
$(a)$ $(\neq 0)$ . ,
$A(h)= \sum_{d|\epsilon(l\iota)}d^{\prime_{\dot{1}^{-1}}}A(d^{-1}h_{l})$
.
$(b)$ $A(h)$ $\epsilon(h)$ $\det h$ .
(c) $h$ , $A(h)$ $\det h$ .
15 [9] , $n(\geq 2)$ $\Gamma_{0}(N)$
( , , )
. ,









Sp $r|(\mathbb{Z})=\{\gamma\in$ GL$2n(\mathbb{Z})|{}^{t}\gamma^{i}(\begin{array}{ll}0 -1_{n}1\}L 0\end{array})\gamma=(\begin{array}{ll}0 -1_{n}1_{r|} 0\end{array})\}$
$\mathfrak{H}_{t}$
$\gamma’Z=(aZ+b)(cZ+d)^{-1}$ , $\gamma=(\begin{array}{ll}a \dagger)\prime c d\end{array})\in Sp_{ll}(\mathbb{Z})$ , $Z\in J\check{2}_{\tau\}}$
. $N$ , ,
$\Gamma_{0}^{\tau\iota}(N)=\{(\begin{array}{ll}(\lambda f_{J}c d\end{array})\in Sp_{n}(\mathbb{Z})|r,\cdot\equiv 0_{n}$ $(i\iota iodN)\}$
. $\lambda$ $N$ , $\chi(\gamma)=\lambda(\det d)$
$\Gamma_{0}^{n}(N)$ . $\kappa$ . $7l$ 2 , $\mathfrak{H}_{n}$
$F$ , $\gamma=(_{cd}^{ab})\in\Gamma_{0^{\iota}}|(N)$ ,
$F(\gamma Z)=\chi(\gamma)\det(cZ+d)$ ’ $F(Z)$
, $\Gamma_{0}^{r\iota}\cdot(N)$ $\lambda$ $\kappa$ . $\uparrow t=1$
. $\Lambda f_{\kappa}(\Gamma_{0}^{n}(N), \chi)$
. , $F\in M_{l\dot{v}}(\Gamma_{0^{\iota}}(N), \chi)$
re :
$F(Z)= \sum_{h}A(h)e^{-\pi\sqrt{-1}tr\langle hZ)}$ .
, $h$ . , .
2.1. $\lambda$ ,
$S$. $=$ { $h|\epsilon(h)$ N/f $\chi$. }




$h\in S$ $A(h)=0$ , $F=0$ .
.
. $N$ 4 , $\ell$ ( ,
$\ell\in\underline{\frac{1}{Q}}\mathbb{Z}\backslash \mathbb{Z})$ . $\gamma\in\Gamma_{0}^{r\iota}\cdot(N)$ , $j(\gamma, Z)$
$j(\gamma, Z)=\Theta(\gamma Z)/\Theta(Z)$ , $\Theta(Z)=$ $\sum_{r_{J},r\in a^{7r}}e({}^{t}rZr)\}$ $Z\in \mathfrak{H}_{n}$ .
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. $\Gamma_{0}^{n}\cdot(N)$ $Y$ $\ell$
$A4\prime f_{f}(\Gamma_{0}^{r\iota}(N), \chi)=\{F:t\dot{y}_{1}arrow \mathbb{C}$ $|$ . $\in\Gamma_{0}^{\nu\iota}(.N)$
$F(\gamma Z)=\lambda(\gamma\cdot)j(\gamma, Z)\underline{)}pF(Z)$ , fJ $\grave$ $1TH_{\backslash }|$ }.
,
$S_{X}=gcd\{f_{\chi\iota l)}|$ $\psi$ : $(\mathbb{Z}/N\mathbb{Z})^{x}arrow \mathbb{C},$ $\psi^{\supset}=1,$ $\prime 1_{1}’l)(-1)=\lambda(-1)\}$
. , .
22. $7l$ 2 , $p$ , $S$
$S=$ { $h|$ $\epsilon$ ( ) $N/4$ N/ }
. ,
$F(Z)= \sum_{\int_{1}}.4(h)e^{2\pi-1t\iota\cdot(l,Z)}\searrow’\in\Lambda\prime f_{f}(\Gamma^{\dagger l}0(N), .\backslash$
$)$
. $h\in S$ $A(fi\cdot)=0$ . $F=0$ .
, $\sim$ – W. Laio D. Ra-
makrishnan O) [5] .
2.3 (Luo-Raunakrishnan). $\ell$
$f( \tau)=\sum_{t=0}^{\infty}a(t)_{C^{J}}^{2\pi\sqrt{-1}t\tau}\in S_{p}^{\iota 1e\iota v}(\Gamma_{0}(N))$




$\Gamma_{0}(N)=\Gamma_{0}^{1}(N)$ . ( [6,
468] [8, 1] ).
3.1. $l$ , $k \in\frac{1}{2}\mathbb{Z}\backslash \{0\}$ . $f\in\Lambda’\prime f_{\lambda}.(\Gamma_{0}(N)_{:}\chi)$
$f( \tau)=\sum_{t=0}^{\lambda’}\alpha.(t)e^{2\pi\sqrt{-1}t\tau}$
. , : $l$ $t$ , $a(t)=0$ .
, .
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(1) $k\in \mathbb{Z}$ , $l$ $N/f_{\lambda}$ , $f=0$ .
(2) $k\not\in \mathbb{Z}$ , $l$ $(N/4, N/s_{x})$ , $f=0$ .
3.2. $k\not\in \mathbb{Z}$ , $\chi(-1)=-1$ , $f=0$ .
3.1 ( [9] ).
3.3. $l$ , $k \in\frac{1}{2}\mathbb{Z}\backslash \{0\},$ $f\in 11/\prime I_{A:}(\Gamma_{0}(N), \chi)$ .
(1) $k\in \mathbb{Z}$ , $l$ $t$ N/ $t$
, $(\iota(t)=0$ , $f=0$ .




$arrow\}\searrow$.:... $t$ , $a(t)=0$ , $f=()$ .
34. , $7l=1,$ $\Gamma=\Gamma_{0}(N),$ $\chi$ $f_{\chi}$
, $l$ ,
$S=$ { $t\in \mathbb{N}|t$ $l$ $lV/t_{\lambda}$ }
1.1 .
2.1 . $F$ 2.1 ,






$( \tau, ev)=\frac{1}{\iota \text{ }!}\sum_{t.=0r\in\prime u}^{\infty}\sum_{\pi n-1}(2\pi\sqrt{}=$
$t_{\gamma\cdot w)^{l}}$ $A(_{\frac{\iota_{r}}{2}}T \frac{t}{2,t})e^{2\pi\sqrt{-1}t\tau}$
, $F_{T}$ $w=0$
$F_{T}( \tau, w)=\sum_{l’=0}^{\infty}\lambda_{\nu}(\tau, c\downarrow\})$
. $0$ $\lambda_{\iota\ovalbox{\tt\small REJECT}_{tJ}}(\tau, \cdot\iota\iota\})$ . $F’\tau$
$(\iota\tau bcd)\in\Gamma_{0}(N)$ ,
$\Gamma\{T(\gamma\tau,$ $\frac{w}{c\tau+d})=\chi(d)(c\tau+d)^{t^{\sim}}.\exp(\frac{2\pi\sqrt{-1}c^{t}\cdot\iota\downarrow 1T\uparrow v}{c\tau+d})F_{T}(\mathcal{T}, t11)$
, ,




. , $\lambda_{\nu 0}(\tau, w)$ $\Lambda\prime f_{\kappa+\nu_{0}}(\Gamma_{0}(N), \chi)$ $u$ $\nu_{0}$
. , $t$ $t$ $\epsilon(T)$
$N/f_{\lambda}$ , 33(1) $\lambda_{l\ovalbox{\tt\small REJECT}_{0}}(\tau, u’)=0$
, $l\ovalbox{\tt\small REJECT}_{0}$ , .
35. 33 (2) }-. , 22
.
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